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Abstract. I overview recent systematic results of collisions between discrete Ginzburg-Landau
spatiotemporal optical solitons (discrete Ginzburg-Landau light bullets) in both one-dimensional
waveguide arrays and in two-dimensional (2D) photonic lattices in the presence of gain and loss.
Depending on the numerical values of the the kick (collision momentum) and of the nonlinear (cubic)
gain, the following generic collision scenarios were put forward: (a) soliton merging, (b) creation of
an extra soliton (soliton birth), (c) soliton bouncing, (d) soliton spreading, and (e) quasi-elastic
(symmetric) interactions.
Key words: spatiotemporal optical solitons, Ginzburg-Landau solitons, discrete solitons, collision
scenarios.

1. INTRODUCTION
After the theoretical prediction [1, 2] and the subsequent experimental
demonstration [3, 4] of nonlinearity-induced light localization near the edge of onedimensional nonlinear waveguide arrays, which can lead to the formation of the socalled discrete surface solitons, the interest in the study of nonlinear self-trapped
optical surface waves has been grown in recent years (for earlier works in this area,
see, Refs. [5]–[8]).
The unique features of such discrete surface optical solitons in other relevant
physical settings have been recently investigated both theoretically [9]–[12] and
experimentally [13]–[16] (see also Ref. [17] for recent comprehensive overviews of
experimental and theoretical developments in the area of discrete optical solitons).
The concept of spatial discrete surface solitons has been extended to
spatiotemporal discrete surface solitons, too [18]–[21]; these discrete localized
spatiotemporal structures (discrete light bullets) [22]–[23] are properly described
by continuous-discrete nonlinear partial differential equations similar to those
investigated earlier for cubic [24]–[26] and quadratic [27] nonlinear optical media.
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The presence of gain and loss (due to optical amplifiers and saturable
absorbers) in periodic photonic structures such as one-dimensional waveguide
arrays and two-dimensional periodic photonic structures would influence the
unique properties of both discrete surface and bulk solitons. It is well known that
discrete dissipative solitons are possible in both one- and two-dimensional photonic
lattices [28]–[32] and, as a result of discreteness, the dissipative physical systems
exhibit novel features that have no counterpart in either the continuous limit or in
other conservative discrete systems.
We recently considered continuous-discrete spatiotemporal models described
by the complex Ginzburg-Landau (GL) equation [33, 34]. Thus the presence of
gain and loss due to optical amplifiers and saturable absorbers in truncated oneand two-dimensional periodic photonic structures has been investigated and
dissipative surface light bullets (dissipative surface spatiotemporal solitons) were
introduced in both one-dimensional waveguide arrays [33] and in two-dimensional
photonic lattices [34]. Similar to other types of discrete dissipative solitons in both
one- and two-dimensional lattices [28, 32], the dissipative surface light bullets
exhibit novel features that, as a result of both discreteness and gain (loss) effects,
have no counterpart in either the continuous limit or in other conservative discrete
models for both cubic and quadratic nonlinear media [35]–[40].
The GL equation is a ubiquitous model in many physical problems [41], and
in different forms it appears as the simplest model for describing dissipative
solitons in different settings [42]–[46], clusters of localized states rotating around a
central vortex core [47], and laser patterns in cavities [48, 49]. In application to
waveguide arrays, a periodic refractive index modulation can be modeled by a
discrete GL equation that describes the presence of gain and loss due to optical
amplifiers and saturable absorbers [28].
Recently, we found the domains of existence and stability of such dissipative
light bullets in the relevant parameter space, for both on-site and inter-site solitons
and for the states localized at different distances from the edge of the waveguide
array or in the corners, at the edges, and in the center of two-dimensional photonic
lattices [33, 34]. Once stable dissipative discrete spatiotemporal optical solitons
(discrete GL light bullets) are available, a problem of great interest is to consider
collisions between them.
In this work I briey overview the recent studies of collisions between discrete
Ginzburg-Landau spatiotemporal optical solitons (“discrete Ginzburg-Landau light
bullets”), which form in (i) one-dimensional waveguide arrays (i.e., in onedimensional photonic lattices), and (ii) in two-dimensional photonic lattices. I find
the generic collision scenarios of discrete Ginzburg-Landau light bullets forming
both near the edges of a semi-infinite array of weekly coupled nonlinear
waveguides and in the center of the waveguide array. I also identify the collision
outputs in the case of discrete Ginzburg-Landau light bullets located both in the
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corners or at the edges of a truncated twodimensional photonic lattice and deep
inside the lattice (i.e., in the center of the two-dimensional lattice).
Depending on the value of the kick parameter (collision momentum), four
generic outcomes were identi_ed in the case of collision of two identical discrete
GL light bullets located at equal distances from the edge of the waveguide array:
(a1) merger of the discrete GL solitons into a single one, at small values of the kick
parameter, (b1) creation of an extra discrete GL soliton at intermediate values of
the collision momentum, (c1) quasi-elastic interactions at both intermediate values
of the kick parameter (for relatively small values of the cubic gain) and at large
values of the kick parameter (for relatively high values of cubic gain), and (d1)
dissipative soliton spreading at relatively large values of the collision momentum
but only in the case of relatively small values of the cubic gain. In the case of
collision of two nonidentical discrete dissipative light bullets located at different
distances from the edge of the waveguide array four generic outcomes were
identified too: (e1) soliton bouncing, accompanied by a sharp modification of
soliton velocities during the interaction process, for relatively small values of the
collision momentum, (f1) soliton creation at intermediate values of the kick
parameter and for relatively low values of the cubic gain, (g1) soliton spreading (in
time) at intermediate values of the collision momentum and for relatively high
values of the cubic gain, and (h1) quasi-elastic interactions at large values of the
kick parameter.
In the case of discrete GL light bullets forming in two-dimensional photonic
lattices, depending on the value of the kick parameter (collision momentum), four
generic outcomes were identified, too. Thus collision of two identical solitons
located in the corner, at the edge, and in the center of the photonic lattice leads to
the following outputs: (a2) merger of the discrete GL light bullets into a single one,
at small values of the kick parameter (soliton transverse velocity), (b2) creation of
an extra discrete GL light bullet at intermediate values of the collision momentum,
(c2) quasi-elastic (symmetric) interactions at both intermediate values of the kick
parameter (for relatively small values of the cubic gain) and at large values of the
kick parameter (for relatively high values of cubic gain), and (d2) soliton spreading
at relatively large values of the collision momentum but only in the case of
relatively small values of the cubic gain. In the case of collision of two nonidentical corner and edge discrete GL light bullets located at different distances
from the edges of the two-dimensional photonic lattice four generic outcomes were
identified, too: (e2) soliton bouncing, accompanied by a sharp modification of
soliton velocities during the interaction process, for relatively small values of the
collision momentum, (f2) soliton creation at intermediate values of the kick
parameter and for relatively low values of the cubic gain, (g2) soliton spreading (in
time) at intermediate values of the collision momentum and for relatively high
values of the cubic gain, and (h2) quasi-elastic (symmetric) interactions at
relatively large values of the kick parameter.
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2. DISCRETE GINZBURG-LANDAU LIGHT
BULLETS IN ONE-DIMENSIONAL WAVEGUIDE ARRAYS:
COLLISION SCENARIOS
A nonlinear system of coupled GL equations describes, in the framework of
the tight-binding approximation of the coupled-mode theory, the spatiotemporal
dynamics of semi-infinite waveguide arrays in the presence of gain and loss [33].
We restricted ourselves to the case of anomalous GVD, self-focusing nonlinearity
and in-phase (unstaggered) solitons. Classes of stable on-site centered continuousdiscrete spatiotemporal solitons of the coupled discrete GL equations were
thoroughly investigated [33].
Once stable discrete GL light bullets were available, a problem of great
interest is to consider collisions between them. We recently investigated this issue
in the framework of the nonlinear coupled continuous-discrete GL evolution
equations. We found the generic outcomes of collisions between discrete light
bullets located at different distances d = 0, 1, and 20 from the edge of semi-infinite
waveguide arrays.
We took a pair of stable discrete GL light bullets separated by a large
temporal distance t2 – t1 = T, and we solved the continuous-discrete GL equations with
the initial condition (at z = 0) corresponding to collisions between two stable discrete
dissipative solitons: En (t, 0) = En (t + T / 2) exp (i χ t) + En (t – T / 2) exp (–i χ t),
where En (t, 0 is the shape of the electric field at z = 0, and χ is the kick parameter
(collision momentum).

Fig. 1 – Contour plots display the evolution of the electric field in the plane (t, z) for on-site discrete
Ginzburg-Landau light bullets localized at the edge of the waveguide array (d = 0). Here ε = 3.5, and
the kick parameter χ = 2 (a), χ = 3 (b), χ = 3.6 (c), and χ = 4 (d).
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Fig. 2 – Same as in Fig. 1 but for on-site discrete Ginzburg-Landau light bullets localized
at the distance d = 1 from the edge of the waveguide array. Here ε = 3.5, and the kick parameter
χ = 2 (a), χ = 3 (b), and χ = 4 (c).

The systematic simulations of collisions between two identical dissipative
discrete spatiotemporal optical solitons initially set at equal distances d1 = d2 = 0, 1,
and 20 from the edge of the truncated one-dimensional waveguide array have shown

Fig. 3 – Soliton trajectories corresponding to the collision scenarios of onsite discrete
Ginzburg-Landau light bullets localized at d = 0 and d = 1. Here ε = 3.4, µ = 1, and
the kick parameter χ = 0.1 (a), χ = 0.2 (b), χ = 1.4 (c), χ = 1.5 (d), χ = 2 (e), and χ = 3 (f).

that by gradually increasing the initial kick parameter χ, the following four generic
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outcomes have emerged (see Figs. 1–4) [50]:
(a) Merger of the two identical dissipative discrete light bullets into a single
one at small values of the kick parameter χ;
(b) Creation of an extra dissipative discrete light bullet at intermediate values
of the kick parameter χ;
(c) quasi-elastic interactions at both intermediate values of χ (for relatively
small values of the cubic gain ε) and at large values of χ (for relatively high values
of the cubic gain ε);
(d) Spreading of the dissipative discrete solitons at relatively large values of
the kick parameter χ but only in the case of relatively small values of nonlinear
(cubic) gain parameter.

Fig. 4 – The same as in Fig. 3 but for ε = 3:6. Here the kick parameter
χ = 0.1 (a), χ = 0.2 (b), χ = 0.5 (c), χ = 0.7 (d), χ = 2.5 (e), and χ = 3 (f).

The merger of the two colliding solitons into a single one, a promising effect
for potential applications in photonics has been reported before in other relevant
physical settings: (a) the study of solitons in saturable materials with a linear and
quadratic intensity depending refraction index change [51], (b) the study of
dynamics and collisions of moving solitons in the standard model of fiber gratings
[52] and in Bragg gratings with dispersive reflectivity [53], (c) the study of
collisions of both nonspinning and spinning three-dimensional GL solitons [54],
and in the study of collisions between discrete surface light bullets in
nondissipative one- and two-dimensional photonic lattices [55].
We mention also that the process of interaction between two stable three-

7

Spatiotemporal optical solitons

703

dimensional dissipative light bullets, separated either in time or in space [56],
revealed the importance of the input phase difference between them. By controlling
this key collision parameter, soliton merging (fusion), erasure of one of the
colliding solitons, and the formation of double light bullet complexes (i.e., the
formation of light bullet “molecules”) were put forward [56].
It is worthy to emphasize that the transformation of two colliding solitons
into three, one quiescent and two moving has also been reported in collisions of
solitons in media with saturable nonlinearity [51], collisions of one-dimensional
dissipative spatial solitons in periodically patterned semiconductor amplifiers [57],
collisions of coaxial three-dimensional spatiotemporal GL solitons [54], and
collisions of moving solitons in Bragg gratings with dispersive reflectivity [53].
3. DISCRETE GINZBURG-LANDAU LIGHT BULLETS
IN TWO-DIMENSIONAL PHOTONIC LATTICES:
COLLISION SCENARIOS
Recently we considered light propagation and continuous-discrete
spatiotemporal soliton formation in a nonlinear square dissipative photonic lattice
(i.e., in a nonlinear two-dimensional photonic lattice) created by weakly coupled
arrays of identical evenly spaced two-dimensional homogeneous waveguides [34].
We worked in the framework of the standard coupled-mode approach where only
the amplitude En,m of the electric field in the lattice site (n, m) was considered to
evolve during propagation while the mode profile was assumed to remain constant.
Therefore, the slowly varying normalized envelope En,m obeys a set of coupled
partial differential equations (continuous-discrete GL coupled equations)
describing the spatiotemporal dynamics of light in a two-dimensional photonic
lattice in the presence of gain and loss [34].
A problem of great interest is to consider collisions between discrete
spatiotemporal dissipative solitons (discrete spatiotemporal GL solitons). Recently,
we investigated this issue in the framework of the nonlinear coupled continuousdiscrete Ginzburg-Landau evolution equations focusing on finding the generic
outcomes of collisions between discrete dissipative light bullets located in the
corner, at the edge and in the center of the two-dimensional photonic lattice [58].
Next we briey discuss the outcomes of collisions between two identical
corner, edge and center spatiotemporal GL solitons. In a recent paper [58] we
found that by gradually increasing the initial kick (collision momentum) χ, we got
the following four generic collisions outcomes, which are illustrated in Figs. 5–7:
(a) Merging of the two identical GL solitons into a single one at small values
of the kick parameter χ;
(b) Creation of an extra GL soliton at intermediate values of the kick
parameter χ;
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Fig. 5 – The (0, 0) corner discrete Ginzburg-Landau light bullet trajectories showing
soliton fusion (a), soliton birth (b), and elastic collision (c). Here ε = 3.6, and the collision momentum
χ = 2 (a), χ = 3 (b), and χ = 4 (c).

Fig. 6 – Illustration of the soliton trajectories of the (20, 20) center discrete Ginzburg-Landau light
bullets for the soliton fusion scenario (a) and the soliton decay scenario (b). Here µ = 1 and ε = 3.6.
The kick parameters are χ = 2.8 (a) and χ = 2.9 (b).

Fig. 7 – Trajectories of the (20, 20) center discrete Ginzburg-Landau light bullets,
which correspond to soliton fusion (a), soliton birth (b), ellastic collision (c), and soliton decay (d).
Here ε = 3.7, and the kick parameter χ = 0.2 (a), χ = 1 (b), and χ = 4 (c), and χ = 5 (d).

(c) Quasi-elastic (symmetric) interactions at both intermediate values of χ
(for relatively small values of the cubic gain ε) and at large values of χ (for
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relatively high values of the cubic gain ε);
(d) Spreading of the GL solitons at relatively large values of the kick parameter χ
but only in the case of relatively small values of nonlinear (cubic) gain parameter.
We also obtained in Ref. [58] the collision outputs when the two nonidentical
input solitons are located at different sites of the two-dimensional photonic lattice.
We thus considered in detail the collisions between (0, 0) and (1, 1) corner solitons
and between (20, 0) and (20, 1) edge solitons for two representative values of the
nonlinear (cubic) gain parameter, i.e., for both relatively small values and relatively
large values of this key parameter of the discrete dissipative system.
Thus by increasing the initial kick parameter χ (transverse velocity), we got
the following four generic outcomes [58], which are illustrated in Figs. 8–9 by
contour plots of the z-dependence of the field evolution in the plane (t, z):
(e) Soliton bouncing, accompanied by a sharp modification of the soliton
velocities during the interaction process, for relatively small values of χ;
(f) Soliton creation (soliton “birth”) at intermediate values of χ and for
relatively low values of the cubic gain parameter ε;
(g) Soliton spreading (in time) at intermediate values of χ and for relatively
high values of the cubic gain ε;
(h) quasi-elastic (symmetric) interactions at relatively large values of χ.

Fig. 8 – Trajectories corresponding to collisions between (20, 0) and (20, 1) edge
discrete Gizburg-Landau light bullets. Here ε = 3.5 and the collision parameter
χ = 0.1 (a), χ = 0.2 (b), χ = 0:5 (c), χ = 1.1 (d), χ = 1.8 (e), and χ = 3 (f).
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Fig. 9 – The same as in Fig. 8 but for ε = 3.7. Here the kick parameter is
χ = 0.1 (a), χ = 0.5 (b), χ = 1.2 (c), χ = 1.6 (d), χ = 2.5 (e), and χ = 3 (f).

4. CONCLUSIONS
In this paper I have overviewed some recent results concerning collisions of
discrete Ginzburg-Landau spatiotemporal optical solitons (“discrete dissipative
light bullets”). I have considered discrete dissipative light bullets forming in both
one-dimensional arrays of weekly coupled nonlinear waveguides and in twodimensional photonic lattices. These dissipative localized structures are accurately
described by cubic-quintic complex Ginzburg-Landau coupled equations
accounting for gain and loss due to optical amplifiers and saturable absorbers.
These dissipative nonlinear photonic lattices can support continuous-discrete
dissipative spatiotemporal solitons (dissipative light bullets), which are stable in a
broad region of their parameters. I have described several generic collision
scenarios occuring in such physical settings: (a) soliton merging, (b) creation of an
extra soliton (soliton birth), (c) soliton bouncing, (d) soliton spreading, and (e)
quasi-elastic (symmetric) interactions. I do believe that these generic collision
outcomes can be found for other types of discrete dissipative solitons.
Acknowledgements. Part of the research work overviewed in this paper has been carried out in
collaboration with Dumitru Mazilu and Falk Lederer. I would also like to thank Yuri S. Kivshar,
Hervé Leblond and Boris A. Malomed for many helpful discussions.

11

Spatiotemporal optical solitons

707

REFERENCES
1. F. Lederer, L. Leine, R. Muschall, T. Peschel, C. Schmidt-Hattenberger, U. Trutschel, A.D.
Boardman, and C. Wächter, Opt. Commun., 99, 95 (1993).
2. K. G. Makris, S. Suntsov, D. N. Christodoulides, G. I. Stegeman, and A. Haché, Opt. Lett., 30,
2466 (2005).
3. S. Suntsov, K. G. Makris, D. N. Christodoulides, G. I. Stegeman, A. Haché, R. Morandotti,
H. Yang, G. Salamo, and M. Sorel, Phys. Rev. Lett., 96, 063901 (2006).
4. C. R. Rosberg, D. N. Neshev, W. Krolikowski, A. Mitchell, R. A. Vicencio, M. I. Molina, and
Yu. S. Kivshar, Phys. Rev. Lett., 97, 083901 (2006).
5. W. J. Tomlinson, Opt. Lett., 5, 323 (1980);
V. M. Agranovich et al., JETP Lett., 32, 512 (1980);
V. K. Fedyanin, D. Mihalache, Z. Phys. B, 47, 167 (1982);
D. Mihalache et al., Physica Scripta, 29, 269 (1984); Physica Scripta, 30, 335 (1984);
U. Langbein et al., Opt. Commun., 46, 167 (1983);
G. I. Stegeman et al., Appl. Phys. Lett., 44, 830 (1984);
N. N. Akhmediev et al., Zh. Eksp. Teor. Fiz., 88, 107 (1985).
6. F. Lederer, D. Mihalache, Solid State Commun., 59, 151 (1986);
D. Mihalache et al., Opt. Commun., 59, 391 (1986); Opt. Lett., 12, 187 (1987).
7. D. Mihalache, M. Bertolotti, and C. Sibilia, Prog. Opt., 27, 229 (1989).
8. A. D. Boardman, P. Egan, F. Lederer, U. Langbein, and D. Mihalache, Third-order nonlinear
electromagnetic TE and TM guided waves, in: Nonlinear Surface Electromagnetic
Phenomena, H.-E. Ponath, and G.I. Stegeman, eds. Elsevier Science Publishers B.V.,
Amsterdam, 1991, pp. 73–287.
9. Y. V. Kartashov, V. A. Vysloukh, D. Mihalache, and L. Torner, Opt. Lett., 31, 2329 (2006);
Y. V. Kartashov, L. Torner, and V. A. Vysloukh, Opt. Lett., 31, 2595 (2006).
10. Y. V. Kartashov, F. Ye, V. A. Vysloukh, and L. Torner, Opt. Lett., 32, 2260 (2007);
Y.V. Kartashov, V. A. Vysloukh, and L. Torner, Phys. Rev. A, 76, 013831 (2007).
11. Y. Kominis, A. Papadopoulos, and K. Hizanidis, Opt. Express, 15, 10041 (2007).
12. M. I. Molina, Y. V. Kartashov, L. Torner, and Yu. S. Kivshar, Opt. Lett., 32, 2668 (2007);
Z. Xu and Yu. S. Kivshar, Opt. Lett., 33, 2551 (2008);
Z. Xu et al., Phys. Rev. A, 80, 013817 (2009).
13. E. Smirnov, M. Stepić, C. E. Rütter, D. Kip and V. Shandarov, Opt. Lett., 31, 2338 (2006).
14. B. Alfassi, C. Rotschild, O. Manela, M. Segev, and D. N. Christodoulides, Phys. Rev. Lett., 98,
213901 (2007).
15. A. Szameit, Y. V. Kartashov, F. Dreisow, M. Heinrich, T. Pertsch, S. Nolte, A. Tünnermann,
V. A. Vysloukh, and L. Torner, Opt. Lett., 33, 1132 (2008).
16. X. Wang, A. Samodurov, and Z. Chen, Opt. Lett., 33, 1240 (2008);
N. Malkova et al., Opt. Lett., 34, 1633 (2009).
17. S. Suntsov et al., J. Nonl. Opt. Phys. & Mat., 16, 401 (2007);
F. Lederer, G.I. Stegeman, D.N. Christodoulides, G. Assanto, M. Segev, and Y. Silberberg,
Phys. Rep., 463, 1 (2008);
Yu. S. Kivshar, Laser Phys. Lett., 5, 703 (2008);
Y. V. Kartashov et al., Eur. Phys. J. Special Topics, 173, 87 (2009);
Y. V. Kartashov et al., Prog. Opt., 52, 63 (2009).
18. D. Mihalache, D. Mazilu, F. Lederer, and Yu. S. Kivshar, Opt. Express, 15, 589 (2007).
19. D. Mihalache, D. Mazilu, F. Lederer, and Yu. S. Kivshar, Opt. Lett., 32, 2091 (2007).
20. D. Mihalache, D. Mazilu, Yu.S. Kivshar, and F. Lederer, Opt. Express, 15, 10718 (2007).
21. D. Mihalache, D. Mazilu, F. Lederer, and Yu.S. Kivshar, Opt. Lett., 32, 3173 (2007).
22. B. A. Malomed et al., J. Opt. B: Quantum Semiclassical Opt., 7, R53 (2005).

708

D. Mihalache

12

23. D. Mihalache, D. Mazilu, Rom. Rep. Phys., 60, 957 (2008); 61, 175 (2009); 61, 235 (2009); 61,
587 (2009);
D. Mihalache, J. Optoelectron. Adv. Mat., 12, 12 (2010);
D. Mihalache, Rom. Phys., 62, 99 (2010).
24. A. B. Aceves, C. De Angelis, A. M. Rubenchik, and S. K. Turitsyn, Opt. Lett., 19, 329 (1994).
25. E. W. Laedke, K. H. Spatschek, and S. K. Turitsyn, Phys. Rev. Lett., 73, 1055 (1994).
26. A. B. Aceves, G. G. Luther, C. De Angelis, A. M. Rubenchik, and S. K. Turitsyn, Phys. Rev.
Lett., 75, 73 (1995);
A. V. Buryak and N. N. Akhmediev, IEEE J. Quantum Electron., 31, 682 (1995).
27. Z. Xu, Y. V. Kartashov, L. C. Crasovan, D. Mihalache, and L. Torner, Phys. Rev. E, 70, 066618 (2004);
D. Mihalache et al., Phys. Rev. Lett., 81, 4353 (1998).
28. N. K. Efremidis and D. N. Christodoulides, Phys. Rev. E, 67, 026606 (2003).
29. E. A. Ultanir, G. I. Stegeman, D. Michaelis, C. H. Lange, and F. Lederer, Phys. Rev. Lett., 90,
253903 (2003).
30. U. Peschel, O. Egorov, and F. Lederer, Opt. Lett., 29, 1909 (2004).
31. N. K. Efremidis, D. N. Christodoulides, and K. Hizanidis, Phys. Rev. A, 76, 043839 (2007).
32 D. Mihalache et al., Eur. Phys. J. Special Topics, 173, 239 (2009).
33. D. Mihalache, D. Mazilu, F. Lederer, and Yu. S. Kivshar, Phys. Rev. A, 77, 043828 (2008).
34. D. Mihalache, D. Mazilu, F. Lederer, and Yu. S. Kivshar, Phys. Rev. E, 78, 056602 (2008).
35. Yu. V. Bludov and V. V. Konotop, Phys. Rev. E, 76, 046604 (2007).
36. Q. E. Hoq, R. Carretero-Gonzalez, P. G. Kevrekidis, B. A. Malomed, D. J. Frantzeskakis, Yu. V.
Bludov, and V. V. Konotop, Phys. Rev. E, 78, 036605 (2008).
37. C. J. Benton, A. V. Gorbach, and D. V. Skryabin, Phys. Rev. A, 78, 033818 (2008).
38. H. Leblond, B. A. Malomed, and D. Mihalache, Phys. Rev. A, 77, 063804 (2008).
39. N. C. Panoiu, R. M. Osgood, and B. A. Malomed, Opt. Lett., 31, 1097 (2006);
N. C. Panoiu, B. A. Malomed, and R. M. Osgood, Phys. Rev. A, 78, 013801 (2008).
40. F. Kh. Abdullaev, Yu. V. Bludov, S. V. Dmitriev, P. G. Kevrekidis, and V. V. Konotop, Phys.
Rev. E, 77, 016604 (2008).
41. I. S. Aranson and L. Kramer, Rev. Mod. Phys., 74, 99 (2002).
42. N. Akhmediev and A. Ankiewicz (Eds.), Dissipative Solitons: From Optics to Biology and Medicine,
Lect., Notes Phys., 751, Springer, Berlin, 2008.
43. B. A. Malomed, Physica D, 29, 155 (1987);
S. Fauve and O. Thual, Phys. Rev. Lett., 64, 282 (1990);
W. van Saarloos and P. C. Hohenberg, ibid., 64, 749 (1990);
V. Hakim, P. Jakobsen, and Y. Pomeau, Europhys. Lett., 11, 19 (1990);
B. A. Malomed and A. A. Nepomnyashchy, Phys. Rev. A, 42, 6009 (1990);
P. Marcq, H. Chaté, R. Conte, Physica D, 73, 305 (1994);
N. Akhmediev and V.V. Afanasjev, Phys. Rev. Lett., 75, 2320 (1995);
H. R. Brand and R. J. Deissler, ibid., 63, 2801 (1989);
V. V. Afanasjev, N. Akhmediev, and J. M. Soto-Crespo, Phys. Rev. E, 53, 1931 (1996).
44. D. Mihalache, D. Mazilu, F. Lederer, Y. V. Kartashov, L.-C. Crasovan, L. Torner, and B. A.
Malomed, Phys. Rev. Lett., 97, 073904 (2006).
45. D. Mihalache, D. Mazilu, F. Lederer, H. Leblond, and B. A. Malomed, Phys. Rev. A, 75, 033811
(2007); Phys. Rev. A, 76, 045803 (2007);
D. Mihalache and D. Mazilu, Rom. Rep. Phys., 60, 749 (2008);
D. Mihalache, Cent. Eur. J. Phys., 6, 582 (2008) ;
D. Mihalache et al., Phys. Rev. A, 81, 025801 (2010).
46. W. H. Renninger et al., Phys. Rev. A, 77, 023814 (2008).
47. D. V. Skryabin and A. G. Vladimirov, Phys. Rev. Lett., 89, 044101 (2002).
48. N. N. Rosanov, Spatial Hysteresis and Optical Patterns, Springer, Berlin, 2002.

13

Spatiotemporal optical solitons

709

49. N. N. Rosanov, S. V. Fedorov, and A. N. Shatsev, Phys. Rev. Lett., 95, 053903 (2005).
50. D. Mihalache, D. Mazilu, and F. Lederer, Eur. Phys. J. Special Topics, 173, 251 (2009).
51. S. Gatz and J. Herrmann, IEEE J. Quantum Electron., 28, 1732 (1992).
52. W. C. K. Mak, B. A. Malomed, and P. L. Chu, Phys. Rev. E, 68, 026609 (2003).
53. D. Royston Neill, J. Atai, and B. A. Malomed, J. Opt. A, 10, 085105 (2008).
54. D. Mihalache, D. Mazilu, F. Lederer, H. Leblond, and B. A. Malomed, Phys. Rev. A, 77, 033817
(2008).
55. D. Mihalache, D. Mazilu, F. Lederer, and Yu. S. Kivshar, Phys. Rev. A, 79, 013811 (2009);
D. Mihalache, D. Mazilu, F. Lederer, and Yu. S. Kivshar, Opt. Commun., 282, 3000 (2009).
56. N. Akhmediev, J. M. Soto-Crespo, and P. Grelu, Chaos, 17, 037112 (2007);
J. M. Soto-Crespo, P. Grelu, N. Akhmediev, Opt. Express, 14, 4013 (2006).
57. E. A. Ultanir, G. I. Stegeman, C. H. Lange, and F. Lederer, Opt. Lett., 29, 283 (2004).
58. D. Mihalache, D. Mazilu, and F. Lederer, Centr. Eur. J. Phys., 8, 77 (2010).

